Sections 5.1 & 5.2: Antiderivatives and
Indefinite Integrals

Definition. A function F is called an antiderivative of f on an interval if F'(xz) = f(x) for
all z in that interval.

Result. If F' is an antiderivative of f on an interval, then the most general antiderivative of
f on that interval is
F(z)+C,

where C is an arbitrary constant.

Definition. The set of all antiderivatives of the function f on an interval is called the
indefinite integral of f and is denoted [ f(z)dz (read “the integral of f(x), dz”). Thus,

/f(a;)dm—F(a:)—i—C,

where F' is an antiderivative of f and C is an arbitrary constant called the constant of
integration. The symbol “[” is called the integral sign and f(x) is called the integrand.
The symbol “dx” has no official meaning by itself — its purpose is to show which variable
the integral is with respect to. Note that the integral sign must always be written with dx.

Definition. The process of finding an antiderivative is called integration.

Example 1. Find / 2" du.

SOLUTION. An antiderivative of 27 is %a:g. Hence, /x7 de = %:cg +C|

Notice that we can check this result by differentiating:
F(x) = %xS +C
F'(z) =2’

(The derivative of the constant C' is just zero.)

When calculating an indefinite integral, it is very easy to check your answer. You simply take
the derivative of your final result — it should be the original function (i.e., the integrand).
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BaAsic INTEGRATION FORMULAS

lde =ax+C

° /k dxr = kx + C, where k is any constant
/x”dx: Ll forn# -1

1
. /x_ldx:/dx:ln|$+0
x

/e$d$:e$+0

/e’m dr = %ekm + C, where k is any constant

/k:f(ac) dr = k/f(x) dx, where k is any constant

. /[f(m)ig(x) dz] :/f(a;) dwi/g(x)dx

Example 2. Find /(4:U3 + 622 — T2 4 3) dx.
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Example 3. Find / (33:1/2 +222/3 f a2 4 33;—1/2) de.

Example 4. Find / (6\f —5Yx +2V/a? - 3) de.

. 4 5 6 7
Example 5. Find / <x + 2 + 3 + M) dx.
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3 .
Example 6. Find / ( + 2% 4 pe 4T — 76336) dx.
x

2
— 2
Example 7. Find / ﬂdw.

x

3 2
-4
Example 8. Find / oz +83; : 3z dzx.
x
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EXERCISES

Find the following integrals. Check your answer by differentiating.

1. /(61:241:+3) dx 11. /(7e3z2x—1+x+3) da
2. /(4953 — 72% + 3z — 5)dx 12. /(2e—3x — 47t 4+ 5)dx
3. /(21:4 +32% — 5% — 2z 4 1) dx 13. /(2ef’f +3¢” + 2% — 6) dz
4. /(2z4+6x3+7x2—4x+1)d:1c 14. /(4\/5+3x%?;2i+2) dz
5. /(5x2—7x+6)d$ 15. /(;—i—i—%—i-w—%l) dx
6. /(6x3—6x2+8x—2)d:z 16. /(11,+1+12+1+3> da
e r T VT
7. / 3z 24+ 4273 4+ 6) dx 17. / 5”2+25”1 dx
8. /(5953/2 +22Y2 — 72 4 3) da 18. L P

43 — 822 +3x — 4

572 dx

2 _
9. /(7953 +327Y2 — 52732 _6) da 19. / 22 3:” 5

10. /(3x1 + 4e* + 52 — 6) dx 20.
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1. 223 —222432+C 11. %egx—21n|x|—l—%x2+3x—l—0
2. 2t —Ia34 322524 C 12. 2% —dlnjz[+52+C
3. %;1:5 + %%4 - %$3 -2 +z+C 13, —2e7* 4 3e” + %x3 —6x+C
4. 25+ 320+ I3 - 228+ 2+ C 14. %x3/2+%x5/3+41:_1—31n |z|+22+C
5. 3 —1Ia?4+62+C 15.  —3z72—2n|z|+62Y2+122+2+C
6. Sat—223+42% —22+C 16. —e *+In|z|—z ' +2:2 3z +C
7. 3z l'-2272+4+6x+C 17. 122 +5z+Injz|+C
8. 22524 3232 —Ta2 43z +C 18.  2*—Iz?+4x—In|z|+C
9. —Ta 24622 +1027Y2 — 62 +C 19. 2x—3lnljz| -5z +C
10.  3In|z|+2e?* 4+ 322 — 62+ C 20. 22 —dax+3hnfz|+2271+C



